The main result.
In this paper real algebraic varieties and morphisms between them are understood in the sense of Serre [15] (Serre considers algebraic varieties over an algebraically closed field but his basic definitions make sense over any field). The reader may consult a detailed exposition [7] for properties of real algebraic varieties, especially in connection with real algebraic blow-ups (cf. also [1]). All subvarieties will be assumed closed but not necessarily irreducible.
Let Y be an aίfine real algebraic variety and let Z be a subvariety of Y. To formulate the main result, we need one more notion. Given a compact (in the Euclidean topology) afϊine real algebraic variety X and a nonnegative integer k, we denote by ϋf % (X, Z/2) the subgroup of the homology group H k (X, Z/2) generated by the homology classes represented by the algebraic fc-dimensional subvarieties of X (cf. [7] , Chap. 11 or [8] In the present work we adopt the point of view suggested by T. C. Kuo (cf.
[11], [12] , [13] , [14] and also [9] ) who searched for equivalence relations weaker than analytic equivalence but still preserving its nice features. Note that, in Theorem 1.1, σ\X\D is analytic. Moreover, σ is "almost analytic" at D in the sense that the obstruction which prevents it from being analytic at D is of a very special nature. Namely, σ can be "lifted" to an analytic diίfeomorphism σ of X. Observe also that the analytic subsets π~ι(Vi) of X, i = 1, ... , d, can be simultaneously analytically transformed onto algebraic subvarieties of X. More precisely, σ(π~ι(V{)), i = 1, ... , d, are algebraic subvarieties of X. We should also mention that σ cannot, in general, be chosen analytic (cf. [5] 
is analytic and (k -\)-flat at π~x{Y). If v analytically depends on a parameter, then v* also analytically depends on the parameter.
Proof. This result, which is well known, is of a local nature and follows from a straightforward calculation in local coordinates.
Every manifold considered below will be equipped, even if we do not explicitly say so, with a fixed Riemannian metric. If M is a manifold, x is a point in M and D is a subset of M, then dist(x, D) will denote the distance from x to D with respect to the fixed Riemannian metric on M.
Our next auxiliary result is a consequence of Hironaka's desingularization theorem. LEMMA where a > 0 and m is a positive integer. Let φ:X -• R be a regular function close to / in the C°° topology, such that / -φ is ra-flat at D (cf. [4] , Corollary 1). We may assume that φ~ι(0) = D. By Hironaka's desingularization theorem [10] , there exists an algebraic multiblowup π: X -> X of X along Z> such that φ o π is locally a normal crossing. We claim that / o π is also locally a normal crossing. Indeed, let p be a point in X and let (U p , j>i, ... , y n ) be an analytic local coordinate system on X with center at p such that φ oπ\U p = δy^"-yn^, where <5: t/ p -• R is an analytic nowhere vanishing function and //(I), ... , μ(w) are nonnegative integers. Since / satisfies (2.2.1) and / -φ is m-flat at 2), we obtain that for every point x in X and every analytic map Proof. An elementary argument of linear algebra.
Let X be a compact affine nonsingular real algebraic variety and let f:X -• R be an analytic function with f~x(0)
We are now ready to prove the main result of this section. 
